Assuming a function needs to be approximated by a polynomial of eighth degree:
@ F(r)=P(r)=br®+br’ +br+hr®+br*+byr®+br?+br+h,, whee b OR

Then alinear combination of Newton basis polynomials n; (r) can be used for finding the coefficients bj :

For agiven set of data points (ro, F (r0 )), . .(r8, F (r8 )) » which the polynomial P(r) shall interpolate, the Newton basis
polynomials are formed by the following product:
j-1

@ n(r)=N(-r)for j>0and ny(r)=1

i=0

The approximation is exact at the nodes I; .

Therefore:
@ ny(r)=1
n(r)=r-r
nz(r):(r r0)( r1):"2_r(ro+r1)+r0r1
ns(r) = (I’ 0)( )(I’ - rz) =r’- rz(ro tht r2)+ r(rOrl Tl + rlrz)_ fohaly
n4( ):(I’ 0)( )(r—rz)(r—rs):r4—r3(r0+r1+r2+r3)
(AR AR A A AR A A B (A AN A A AT AR AT AR A P A AA
ns(r) (r - )( rl)(r - rz)(r - rs)(r - r4) =r°- r4(ro ThtL++ r4)
A (AR A A A A A A AT AT A FEA AP T A

- r2(rorlrz FIhls + plols + ol + TNl + Tlhl, + L0, + Tll, + sl + r2"3r4)

+ r(ror1r2r3 R L PR (P P r1"2"3"4) ERLLPIE

ne(r) = (r - r0)(r - r1)(r - rz)(r - I‘s)(l’ - "4)(r - rs) =r°- r5(ro LTI CO Pl I’5)

+ r4(r0rl ol ¥, + 1l + 105 + Gl + 1l + 00, + L0+ 150 + Il + 1l + I + Tl + r4"5)
- r3(r0rlr2 FIohls + Iphl + Gl + 1ol + Tolr, + 00 + 1ol + 150, + LT,

FIohls + Tohyls + 1ol + Tl + 0I5l + LIl + Il ls + 1lls + T + r3"4"5)

+ rz(rorlrzrs RSP (L PRl P P PR S PV

Nl + Tl fals + oMl + LIl + Tl Ils + Tl Ty + TLITs + Ty + LI5l0s + r2"3"4"5)
- r(ror1r2r3r4 RGP SRl (U P Rl L Rl (A PLE ey r1"2"3"4"5) MLAPLEAE
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©) n7(r) = (r - ro)(r - rl)(r - rz)(r - rs)(r - r4)(r - r5)(r - re)
=r7_r6(r0+r1+r2+r3+r4+r5+r6)
+ r5(rorl Fholy 15 F 1l + 1y + Ll + 1l + 00 + 10, + 150,
*lofs +1fg + olg + Gl + Tfg + Tlg + g + Tl +Talg + 1,06 + rsre)
- r“(rorlrz TNl + Il + Gl + gl + Toll, + 10 + 1ol + 1l + LT,
FIohfs +Iolhls + Ol + Tolls + OIGlg + Dlals + 1ol ls + 1l5 + Ll + T
LU (Pl ST Pl (L PR L P Pl (Ll SRl UL PRl VL
Flolsle + Il5lg + Ml + ahhs + r4"5"6)
+ rs(rorlrzrs RO PL PR (L PR (A P PRl ST Y
F Nl + N5l + Tl + LIl + TNl + Tl Ty + 0TS + Tllls + L0 + LT
RO L S (Y P Sl ST P S (L P (o P el L P L Rl T UL PR LV VL PV LS
F ToMfsls + Tolalsls + Mlolslg + Tolalsl + Mgl + Folalelg + oMMl + MMMl + MMl + r3"4"5"6)
= P2 (F I, TE, + TLE T + L + TR L L + T L + LEEE L
F Il + T I+ [T + LI T + LT
F Il + Tl + Tl lally + LTl + [
RELPIVLE PR LI P UL PR AL LS Py r2"3"4"5"6)
+ r("0"1"2"3"4"5 F NIl + o hlalsls + ToholTls + oMlallsls + Tololal, sl + r1r2r3r4r5r6)
A AN AN
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(6) Ng (I’) = (r - r0)(r - rl)(r - rz)(r - rs)(r - r4)(r - rs)(r - rﬁ)(r - I’7)

:rs_r7(ro+r1+r2+r3+r4+r5+r6+r7)

+ r6(rorl Fholy + 00, + 1ol + 0l + Ll + Il + 1T, + 10, + 150 + Tofg + Ol + Llg + iy + 11
Flole + Il Tl Tl + 1l Tl + 1ol + 115 + LG + GG 10 + 15+ resr7)

- rs(rorlrz RELCULERR Y PLER S LT Sl (L PR (Y PRl S1 Y PRl (P PR L PRl PY U

FIohls + Tohyls + M5 + Tolals + LIl + Il + Igh, T + 1T + LlTg + 1500

FIohlg + Tolals + ol + Iolslg + F5lg + DIl + Tolls + 11T + T + T

FTofsls + Mgl + LIl + LIl + 115k

T Iohly + 1ol + 00 + 1ol + 056 + G0 NG + 15 LG T 05

*lofsly + gl + LI + I + 1150 + Tolel; + Mgl + LIgh + Gl + 1l + r5r€>r7)

+ r4(r0rlr2r3 RGP (L PRl P P PR S PV

FIohilols + oMlals + Tl Ml + LISl + Tghlls + Tollls + M0 + Tl Ty + 50T + 500
FIohilols + olif5lg + Tgholal + MMl + Tghlls + Tololals + MMM + Tolalls + 150, T + HlarT
*Iohlsle + Tolalsls + 1Ml + olalls + Mlalslg + Mollgls + Tolalsls + MlIsls + DIMsls + Tl gl
S L CLPL PRl (L SRl P P Pl A1 P P P LU Pl P P L P S P Ll L L ALl L VLl PLE A
*Iohlshy + ololsly + Gl + Tolalsly + Nlalsl + LIl + Tol,lsly + O IH + Gl + L5
FIohlely + Tololghy + Ololgl, + Iglslely + lalgly + LIl + Tl Igh, + rMel + LIl + 10l
*lofslghy + lsll; + Il + Il + r4r5r6r7)

- r3(r0rlr2r3r4 R AL PLE R (S P R (L PLER I P PR AL P UL

R L CLPL P Rl (L ULl P L Rl (A P PLES LY

R ELPL A Pl LS Pl P L PR SLPLE S PR LA IS

RGP R PP PRl (P PUS P L VL Pl P P

S L CLPL P Pl (L P Pl P L Pl (A PV PLEA L P L7

FIohlolsl7 + TNl + Tolhlalsl; + LLGIE + Nl

RILPUE P LA PRl (A PUS SR LML PRl P P

*Iohllel7 + Tohlalely + Il llsh + NN

RV PR L PUA Pl P PUS R T L S S T P R P L P

RIS S A L P P P S S P (LS S S LU (R PRl PIVLEL R P r3"41,"5"6"7)

+ rz(r0r1r2r3r4r5 F Il Mal s + Tolilalalsls + Tolilolylsls + Tohlalyfsls + Tololalylsls + MMl Tsls

R AT L A L AL L P L PUS Pl (L LS Pl A PL UL Sl LTS A LA P

R PP PR (L AU Rl (A PLE PN SRl AL P U P PR (L P R PRl LU I Pl (A PLEU S R PR S PL U T R
R O P E A PR L PP S AR N PUS I A ML LS P r2"53"4"5"6"7)

- r("0"1"2"3"4"5 R Rl P P P LU Pl (ST AU Rl P PUS (Rl L PLEUAL S 1
R R L AL L PR L PUS PRl (LU PR U PL LS Al LTV
R PP PR (L EU AU Rl (A P PUN SRl AL P U P PR (L P R PRl LS I Pl (A PLEU S R PR S AL T R
R P PUAL L PRl ST P Rl I UL (L P L LU Pl r2"3"4"5"6"7)
AP AE AR
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Putting (2), (4), (5) and (6) together leads to the desired coefficients bj :

() by =8, —ayly + &yl = aglohl, +aylhIls = Aglohil,lal, + 8glghllalls = A, TohlLlar, Il
MG AE AR
b =a - az(ro + rl) + as(rorl Tholy + rlrz) - a4(ror1r2 T lohls Tl + r1r2r3)
+ as(r0r1r2r3 RSP (L PR P P r1r2r3r4)
- aﬁ(ror1r2r3r4 FIoNlals + Iohlol,ls + Tohlalls + Tl lsh,Ts + r1r2r3r4r5)
ta; (r0r1r2r3r4r5 RGP PUS L LY Sl R PLP PUS R L PUS R I PLE P P r1r2r3r4r5r6)
- as(ror1r2r3r4r5r6 RELELPLE A AR L P EALEL E
F ohlolalell7 + Tohlallslely + Tl 5l Tslel7 + Tl lah,Melgl; + r1r2r3r4r5r6r7)
b, =a, - as(ro tn+ r2)+ a4(r0rl Tl ¥ T+ 0+ rzrs)
- as(rorlrz FIhls + Iphyls + 1l + gl + Toll, + 00 + ol + 10, + r2"3"4)
+ aﬁ(r0r1r2r3 RELCLELPLP R (L PRl N PLE PRl S PLEVA
FIohilols + oMlals + Il MMy + G150 + Tghlls + Tolol,ls + M0l + Tolsh, T + 1i5r,Ts + r2"3"4"5)
& (r0r1r2r3r4 RGP R (S P CR (ST DU I PLE U PR AL P LS
R L CLPL Rl (L ULl (L Rl (A P PLE S SL P
R L PLPL A PRl (AL S Pl P PR SLPLE S PR LA S
FTololalsls + 150, Mels + Tolalylsle + IFal,Msl + r2':°,r4r5r<3)
+ as(r0r1r2r3r4r5 RILLELPLE PUS L L U Sl R ELP DL R (Y SLE PUS Pl I PLE LS Pl FLPLE AL IS
F Nl Iy + Tohlollsly + Tohallshy + Tl lshy + ool lsh + NI
RGP A AL LS Pl (LU LA PRl (A PL L PRl (L P B
*Iohlolelsl7 + Tohlalslely + Il lalslely + MMl + Nl ITer,
F ol lalslgly + LIl + Tl lslshy, + NIl + r2"3"4"5"6"7)
b, =a, - a4("0 Tttt r3) + aS(rOrl ol 00 F Tl + 105 + Ll 1, + 0 + 10 + r3r4)
- a6(r0rlr2 TNl + Iplls + Gl + gl + Tl + 10 + 1ol + 1150, + LT,
FIohls + Tohyls + M5 + oMl + 0I5l + LIl + Il ls +1l,ls + Ll + r3"4"5)
ta; (r0r1r2r3 RGPV (L PRl N PLE PRl S PLEVA
FIohlols + oMlals + Tl Ml + LIl + Tghlls + Tollls + M5 + Tl Ty + 50,0 + 500
S L CLPL Rl (L Pl P P Rl AL P L LUl P P L Rl S P L Pl (L L P L UL PRl PLE IS
FIohlsle + Tololsls + 1Ml + Tolalelg + Mlalely + Mollls + Tol,lsls + Mgl + ol Msl + r3r4r5r6)
- as(rorlrzrsr4 R PLPLE R (S PI L CR (L DL (o PP R LY LS
R TP PRl (LUl P PP Rl (A P PL PRl ST PPl TSP P (L E P Pl (Y PLEV ST
R PLEUC Rl (LU PR T PP P LA PLS Pl P Pl SLE LS Pl PLEUAL T
R CLCLPLE PRl (L P C gl P PP P (A P VLl ST YU L Sl (S P S (AL P Pl (Y P 1 7
RIS A P P S L P P SRl UL Pl S LS Sl P L PRl PP PR LU B
RGP PR PN PRl (LU PRl (A PIPLP PRl AL PP PR I VLA Pl LU LA Pl P LA Pl (L T

+ r.Or2r5r6r7 + r.1r2r5r6r7 + r.Or3r5r6r7 + r.lr3r5r6r7 + r.2r3r5r6r7 + r.Or4r5r6r7 + r.lr4r5r6r7 + r.2r4r5r6r7 + r3r4r5r6r7)
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® b4=a4_as(ro+r1+r2+r3+r4)
+ aﬁ(rorl Floly 10 F gl + 1l + ol 1l + 0 + 10 + 150 +1ls +0l5 + Ll + iy + r4"5)
& (rOrer LU (L PRl 1 P Rl 0 ST PRl (P PR P1 P Pl (P PRl EL U PR PV
FIohls T Tghyls + 0ol + Tolals + Olal + Il + 1l T + Olls + l5 + 500G
FIohle + Tolale + ol + Iolalg + 5l + Il + Tolls + Il + s + T
* lofslg + gl + oI5l + gl + r4r5r6)
+ as(ror1r2r3 RELCLELELPR (L PR N PLE PRl S PYEVA
FIohlols + oMlals + ol lls + G150 + Tghlls + [l Il + M5 + Tl Ty + 500 + 500
S L CLPL Rl (L el P P PRl S P L L PLPl FL P L Rl S P L Pl (L L P L UL PRl PLE P
*Iohilsle + Tolalsls + 1Ml + olalls + Mlalsly + Mollgls + Tolalels + MlyIsle + DIMsls + Tl gl
S L CLPL PRl (L Ol P P Pl S P PR O S P P P L Pl S P Ll (L L ALl L VLl PLE A
FIohlshy + Iololsly + GIEH + Iolslsh + Olalsl; + Llalsl + IglI5h + OITsl; + LI + T
FIohlgly + Tolalghy + Mgl + Tolslghy + OIslel; + Dlalgly + Tollely + Il + Ll + T
*lofslghy + Ilslel; + Llglghy + Gl + r4"5"6"7)
b =as_a6(ro+r1+r2+r3+r4+r5)
ta; (rOrl T loly 1 + gl + 1l + Ll 1l + 00 + Ll T 150
Flofs +1f5 +1ols + Iy + Tfg + Tolg + g + Tl +Talg + 1,06 + rsre)
- as(rorlrz FIohls + Il + Gl + gl + Toll, + 00 + Tolsly, + 150, + L0, + 1l
FIolls + 1l + Iolsls + OISl + LIl + Tl T + 0ls + LlTs + 1005 + ol + Tl + Ll
FTofls + N5l + Tol5lg + Tolyl + lTs + Tol,l + Ml + Tolelg + fslg + Dlgls + Falglg + 1lslg
T Iohly + 1oLl 00 + 1 OG0 + LI H G 1 LG T 05
*lofsly + gl +LI5h + GIgh + 1150 + Tolel; + Mgl + LIgh + Gl + 1l + r5r6r7)
b, =a6_a7(ro+r1+r2+r3+r4+r5+r6)
+ aS(rOrl Floly ¥ 10 + 1ol + 0l + Ll + 1ol + 00 0 + 10 + Il Il + I+ Tfs + 105
Flolg T ilg T Il +Talg ¥ 1lg +Tlg +Iol; + 07 + LI + L0 + 1,0+ + r6r7)
b, =a7_as(ro+r1+r2+r3+r4+r5+r6+r7)

by =a,
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The coefficients aj are the divided differences:

©)

a, =[F (o) F (i) F ()

In particular:

(10) a =F(r)

(11)

a, = F rz)_F rl) _ F(I’l)—F(I’O)
(I’2 - rl)(r2 - ro) (rl —To )(rz ro)
a, = F(rs _ F(rz) _ F(rz)_ F(r1)
(rs - rz)(ra - rl) ry— ro) (rz - rl)(r3 - rl)(r3 - ro)
- F(rz)_ F(rl) + F(rl)_ F(ro)
(rz - rl)(rz Ty )(rs - ro) (rl Tl )(rz Tl )(rs - ro)
a = F(r4)—F(r3) _ F(rs)_ F(rz)
! (r4 r3)("4 r2)("4 - rl)(r4 - ro) (rs -1 )(r4 - r2)("4 - rl)(r4 - ro)
- F(rs)_ F(rz) + F(rz)_ F(r1)

(r3 I )(rs - rl)(r4 - rl)(r4 - ro) (I’2 - rl)(rS - r1)("4 - rl)(r4 - ro)
- F(I’3)— F(rz) + F(rz)_ F(rl)

(rs -1 )(rs - rl)(rs T )(r4 - ro) (rz - r1)("3 - rl)(rs Tl )(r4 - ro)
+ F(rz)_ F(rl) _ F(rl)_ F(ro)

(I’2 - rl)(r2 - ro)(rs I )(r4 - ro) (rl - ro)(rz - ro)(rs - r0)("4 - ro)

a = F(r;)-F(r,) _ F(r,)-F(r)
(I’5 Ny )(rs - I’3)(I’5 I )(I’5 - r1)("5 ro) (r4 r3)(l’5 - r3)(l’5 - )(I’5 - rl)(rS ro)
- F I’4)— F(rs) + F(rs)_F(rz)
(r4 - r3)("4 - (r5 - rz) f's — rl)(rS ro) (rs - )(r4 - rz)(rs - rz) f's — rl)(rS - ro)
- F r4)_ F(r3) F(rs)_ F(rz)
(I’4 - I’3)(r4 — LN - r )(r4 - r1)("5 - r1)("5 - ro)
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(12) a4
— F(re)_ F(rs) _ F(rs)_ F(Q)
(rG - r5)(r6 0 )(re - rs)(re -h )(re - rl)(re - ro) (rs I )(re I )(re - rs)(re - )(re - rl)(re - ro)
- F(rs)_ F(r4) + F(r4)_ F(rs)
(I’5 -1 )(I’5 - rs)(res - rs)(res - )(re - rl)(rﬁ - ro) (r4 I3 )(rs - r3)("6 - r3)("6 I )(r6 - rl)(r6 - ro)
F(rs)_ F(r4) + F(r4)_ F(I’3)
(I’5 -1 )(I’5 - r3)(l’5 - )(re - )(ra - r1)("6 - ro) (I’4 - rs)(r5 I )(rs - )(re - )(re - rl)(re - ro)

+ F(Q)— F(rs) _ F(r3)_ F(rz)

(I’4 - I’3)(r4 - rz)(rs - )(ra -1 )(ra - r1)("6 - ro) (rs - )(I’4 —-h )(r5 - )(re - )(re - rl)(re - ro)
- F(r5)_ F(I’4) + F(I’4)— F(rs)

(I’5 -1 )(I’5 - r3)(r5 -1 )(I’5 - rl)(r6 - rl)(r6 - ro) (r4 - r3)("5 - r3)("5 - )(rs - rl)(r6 - rl)(r6 - ro)
+ F(Q)— F(rs) _ F(r3)_ F(rz)

(I’4 - I’3)(r4 - rz)(rs - )(I’5 - r1)("6 - r1)("6 - ro) (I’3 - )(I’4 - )(rs -h )(rs - rl)(re - rl)(re - ro)
+ F(r4)_ F(I’3) _ F(r3)_ F(rz)

(I’4 - I’3)(r4 - )(r4 B r1)("5 - r1)("6 - r1)("6 - ro) (I’3 - )(I’4 - )(r4 - r1)("5 - r1)("6 - r1)("6 - ro)
- F(rs)_ F(rz) + F(rz)_ F(r1)

(I’3 - rz)(ra - r1)("4 - rl)(r5 - rl)(r6 - rl)(rﬁ - ro) (rz - rl)(r3 - rl)(r4 - rl)(r5 - rl)(rﬁ - rl)(rﬁ - ro)
- F(I’5)— F(Q) + F(r4)_ F(rs)

(I’5 -1 )(I’5 - rs)(r5 - )(r5 - rl)(rS Tl )(ra - ro) (r4 - r3)(l’5 - rs)(r5 - )(r5 - rl)(rS Iy )(ra - ro)
+ F(Q)— F(r3) _ F(r3)_ F(rz)

(I’4 - I’3)(r4 - rz)(rs -1 )(I’5 - r1)("5 Iy )(re - ro) (I’3 -1 )(r4 - rz)(rs -1 )(I’5 - r1)("5 I )(re - ro)
+ F(I’4)— F(rs) _ F(rs)_ F(rz)

(r4 - r3)("4 - r2)("4 - rl)(rS - rl)(rS T )(re - ro) (rs - )(r4 -1 )(r4 - rl)(r5 - rl)(rS —Tlo )(re - ro)
- F(I’3)— F(rz) + F(rz)_ F(rl)

(I’3 -1 )(rs - rl)(r4 - rl)(rs - rl)(rs Iy )(ra - ro) (rz - rl)(rS - rl)(r4 - r1)("5 - r1)("5 Tl )(re - ro)
+ F(r4)_ F(rs) _ F(rs)_ F(rz)

(I’4 - I’3)(r4 - r2)("4 - rl)(r4 Iy )(I’5 Tl )(re - ro) (rs - )(I’4 - r2)("4 - rl)(r4 T )(r5 Tl )(ra - ro)
- F(rs)_ F(rz) + F(rz)_ F(rl)

(I’3 - )(r3 - r1)("4 - rl)(r4 —To )(rs Iy )(re - ro) (rz - rl)(r3 - rl)(r4 - rl)(r4 —To )(I’5 — T )(re - ro)
- F(I’3)— F(rz) + F(rz)_ F(rl)

(I’3 -1 )(rs - rl)(rs Ty )(r4 Ty )(r5 Ty )(ra - ro) (rz - r1)("3 - rl)(rs Tl )(r4 Tl )(rs Iy )(ra - ro)
+ F(rz)_ F(rl) _ F(rl)_ F(ro)

(rz - rl)(rz I )(rs Iy )(r4 I )(r5 I )(ra - ro) (rl Tl )(rz Tl )(rs Tl )(r4 Tl )(rs Iy )(ra - ro)
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13) a, = (
= - =) ) ) )

- F (re) -F (rs)

(r6 rs)(r7 Is )(r7 -1 )(r7 - I’3) = )(r7 - r1)("7 - ro)
- F (re) -F (rs)

(re rs)(ra r4)("7 - r4)("7 - r3)(r7 rz)(r7 - r1)("7 ro)
. F(r;) - F(r.)

(I’5 r4)(r6 - r4)("7 - r4)("7 - r3)(l’7 r )(I’7 - r1)("7 ro)
- F (rﬁ) -F (rs)

(r6 rs)(re r4)(re - r3)("7 - r3)("7 rz)(r7 - rl)(r7 ro)
+ F (I’5) -F (r4)

(I’5 r4)(r6 r4)(r6 - r3)(l’7 - rs)(r7 r )(I’7 rl)(r7 ro)
+ F (I’5) -F (r4)

(I’5 r4)("5 rs)(re - rs)(r7 - rs)(r7 r )(I’7 - rl)(r7 ro)
- F (I’4) -F (rs)

(r4 r3)("5 rS)(rG - r3)("7 - r3)("7 - rz)(r7 rl)(r7 ro)
- F (re) -F (rs)

(re rs)(ra r4)(r6 - rs)(ra - rz)(r7 - rz)(r7 - r1)("7 - ro)
+ F (I’5) -F (r4)

(I’5 r4)(r6 r4)(r6 - rs)(re - )(I’7 r )(I’7 r1)("7 ro)
+ F (r5) —-F (I’4)

(I’5 r4)("5 rs)(res - rs)(res - )(r7 > )(r7 r1)("7 ro)
- F (r4) -F (rs)

(I’4 r3)(r5 rs)(ra - I’3)(I’6 - rz) 7 rz)(r7 r1)("7 ro)
+ F (I’5) -F (r4)
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(16) +
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17 - F(rs)_F(r7)
4 & (rs - r7)("8 - r6)(r8 - rs)(rs -1 )(rs - rs)(rs - rz)(rs - rl)(rS - ro)
- F (r7) -F (r6)
(I’7 —Ts )(rs —Ts )(rs — I )(rs 0 )(rs - rs)(rs -1 )(rs - rl)(rS - ro)
- F (r7) -F (rﬁ)
(r7 —Ts )(r7 —Is )(rs —Is )(rs -1 )(rs - r3)(rs - )(rs - rl)(rS - ro)
+ F (rﬁ) -F (rs)
(r6 - rs)(r7 —Is )(rs — s )(rs -1 )(rs - r3)(rs -1 )(rs - rl)(rS - ro)
- F (r7) -F (r6)
(I’7 —Ts )(r7 —Is )(I’7 -1 )(rs I )(rs - rs)(rs -1 )(rs - rl)(rB - ro)

+ F (re) - F (r5)
(re - r5)("7 —Is )(r7 -1 )(rs I )(rs - rs)(rs -1 )(rs - rl)(rs - ro)
+ F (re) -F (rs)

(re - rs)(re) I )(r7 I )(rs -1 )(rs - r3)(rs - )(rs - rl)(rS - ro)
- F (I’5) -F (r4)

(I’5 -1 )(ra -1 )(I’7 -1 )(rs I )(rs - rs)(rs -1 )(rs - rl)(rB - ro)
- F (I’7) - F (rG)

(r7 —Ts )(r7 - rs)(r7 -1 )(r7 - rs)(rs - r3)(rs - )(rs - rl)(rS - ro)

+ F (re) - F (r5)
(r6 - rs)(r7 —Is )(r7 -1 )(r7 - rs)(rs - I’3)(I’8 - )(rs - rl)(rS - ro)
+ F (r6) -F (I’5)

(rG I )(re 0 )(r7 0 )(r7 - rs)(rs - rs)(rs -1 )(rs - rl)(rB - ro)
- F (rs) -F (r4)

(I’5 -1 )(re -1 )(r7 -1 )(r7 - I’3)(I’8 - r3)(rs - )(rs - rl)(rs - ro)
+ F (re) -F (rs)

(r6 - rs)(re I )(re - r3)("7 - r3)(rs I3 )(rs - )(rs - rl)(rs - ro)
- F (I’5) -F (r4)

(I’5 -1 )(re I )(ra - r3)(l’7 - rs)(rs - I’3)(I’8 -h )(rs - rl)(rS - ro)
- F (r5) - F (I’4)

(I’5 -1 )(I’5 - rs)(res - r3)("7 - rs)(rs - rs)(rs - )(rs - rl)(rS - ro)
+ F (I’4) -F (rs)

(r4 - r3)("5 - rS)(rG - r3)("7 - r3)(rs - r3)(rs - )(rs - rl)(rS - ro)
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F(r7)_ F(rG)

4o (I’7 —Ts )(r7 —Is )(I’7 -1 )(I’7 - r3)("7 - )(rs -h )(rs - r1)(rz3 - ro)
+ F (rﬁ) -F (rs)

(re - r5)("7 —Is )(r7 -1 )(r7 - r3)("7 - )(rs - )(rs - rl)(rS - ro)
+ F (re) -F (I’5)

(rG —Is )(re I )(r7 I )(r7 - r3)(r7 -h )(rs - )(rs - rl)(rB - ro)
F (I’5) -F (r4)
(I’5 -1 )(ra -1 )(I’7 -1 )(I’7 - r3)("7 - )(rs —-h )(rs - rl)(rS - ro)
+ F (rG) —-F (I’5)
(re - rs)(re) -1 )(r6 - r3)("7 - r3)("7 -0 )(rs -0 )(rs - rl)(rs - ro)
F (I’5) -F (r4)
(I’5 -1 )(ra I )(ra - r3)("7 - r3)("7 - )(rs -h )(rs - rl)(rS - ro)
F (I’5) -F (r4)
(I’5 -1 )(I’5 - rs)(re - rs)(r7 - rs)(r7 - )(rs - )(rs - rl)(rB - ro)

+ F (r4) —-F (I’3)
(r4 - r3)("5 - rS)(rG - r3)("7 - r3)("7 - )(rs - )(rs - rl)(rS - ro)
+ F (re) -F (I’5)

(rG —Is )(re 0 )(re - rs)(re -h )(r7 -h )(rs - )(rs - rl)(rB - ro)
F (I’5) -F (r4)
(I’5 -1 )(ra -1 )(ra - rs)(ra - )(I’7 - )(rs -h )(rs - rl)(rS - ro)
F (rs) -F (r4)
(I’5 — I )(I’5 - rs)(res - rs)(res -0 )(r7 -0 )(rs -0 )(rs - rl)(rS - ro)
+ F (r4) -F (r3)
(I’4 - r3)(r5 - rs)(ra - rs)(ra - rz)(r7 - rz)(rs - )(rs - r1)("8 - ro)
F (I’5) -F (r4)
(I’5 -1 )(I’5 - r3)(l’5 - )(ra - )(I’7 - )(rs -h )(rs - rl)(rS - ro)

+ F (I’4) —F (rs)
(r4 - r3)("5 - r3)("5 - )(re - )(r7 - )(rs - )(rs - rl)(rs - ro)
+ F (r4) -F (I’3)

(I’4 - I’3)(r4 - rz)(rs -1 )(ra - )(I’7 - )(rs - )(rs - r1)(rz3 - ro)
F (I’3) -F (rz)
(I’3 -1 )(r4 - rz)(rs - )(ra -1 )(I’7 -1 )(rs - )(rs - r1)(rz3 - ro)
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F(r7)_ F(re)

4 (I’7 —Ts )(r7 —Is )(I’7 I )(I’7 - r3)(l’7 - )(I’7 - rl)(rS - r1)(rz3 - ro)
+ F (rG) - F (I’5)

(r6 - rs)(r7 —Is )(r7 -1 )(r7 - r3)("7 - )(r7 - rl)(rS - rl)(rS - ro)
+ F (r6) -F (I’5)

(re - rs)(ra - r4)("7 - r4)("7 - r3)(r7 - rz)(r7 - rl)(rB - rl)(rS - ro)
F (I’5) -F (r4)
(I’5 -1 )(re -1 )(I’7 -1 )(I’7 - r3)(l’7 - )(I’7 - r1)(rz3 - r1)("8 - ro)
+ F (re) - F (r5)
(r6 - rs)(re - r4)(re - r3)("7 - r3)("7 - rz)(r7 - rl)(rs - rl)(rs - ro)
F (I’5) -F (r4)
(I’5 -1 )(re I )(ra - r3)(l’7 - r3)(l’7 - )(I’7 - rl)(rS - r1)(rz3 - ro)
F (I’5) -F (r4)
(I’5 -1 )(I’5 - rs)(re - rs)(r7 - rs)(r7 - )(I’7 - rl)(rS - r1)(rz3 - ro)

+ F (I’4) - F (I’3)
(r4 - r3)("5 - rS)(rG - r3)("7 - r3)("7 - )(r7 - rl)(rs - rl)(rs - ro)
+ F (r6) -F (I’5)

(re - rs)(ra - r4)(r6 - rs)(ra - rz)(r7 - rz)(r7 - rl)(rB - rl)(rS - ro)
F (I’5) -F (r4)
(I’5 -1 )(re -1 )(ra - rs)(re - )(I’7 - )(I’7 - r1)(rz3 - r1)("8 - ro)
F (I’5) - F (I’4)
(I’5 I )(I’5 - rs)(res - rs)(res -0 )(r7 -0 )(r7 - rl)(rS - rl)(rS - ro)
+ F (r4) -F (I’3)
(I’4 - r3)(r5 - I’3)(I’6 - I’3)(I’6 - )(I’7 - )(I’7 - r1)("8 - rl)(rB - ro)
F (I’5) -F (r4)
(I’5 -1 )(I’5 - rs)(r5 - )(re - )(I’7 - )(I’7 - rl)(rS - r1)(rz3 - ro)

+ F (r4) -F (rs)
(r4 - r3)("5 - r3)("5 - )(re - )(r7 - )(r7 - rl)(rs - rl)(rs - ro)
+ F (r4) -F (I’3)

(I’4 - I’3)(r4 - )(I’5 -1 )(ra -1 )(r7 -h )(r7 - rl)(rB - rl)(rS - ro)
F (I’3) -F (rz)
(I’3 -h )(r4 - )(I’5 -1 )(ra -1 )(r7 -h )(r7 - rl)(rB - rl)(rS - ro)
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F (re) -F (I’5)

(re - rs)(ra - r4)(r6 - rs)(re - rz)(re - rl)(r7 - rl)(rB - rl)(rS - ro)
F (I’5) —-F (I’4)

(I’5 -1 )(re -1 )(re - rs)(re - )(re - rl)(r7 - rl)(rS - rl)(rs - ro)
F (I’5) -F (r4)

(I’5 -1 )(I’5 - rs)(re - rs)(re - )(re - rl)(r7 - rl)(rS - r1)(rz3 - ro)
F (r4) -F (I’3)

(I’4 - r3)(r5 - rs)(ra - rs)(ra - rz)(re - rl)(r7 - rl)(rB - rl)(rS - ro)
F (I’5) —-F (I’4)

(I’5 -1 )(I’5 - r3)(r5 - )(r6 - )(r6 - r1)("7 - rl)(rS - rl)(rs - ro)
F (r4) -F (I’3)

(I’4 - r3)(r5 - r3)(r5 - rz)(ra - rz)(ra - r1)("7 - r1)("8 - rl)(rB - ro)
F (r4) -F (I’3)

(I’4 - I’3)(r4 - rz)(rs - )(ra -1 )(ra - r1)("7 - r1)(rz3 - rl)(rB - ro)
F (I’3) -F (rz)

(I’3 - )(r4 - rz)(rs -1 )(re - )(re - rl)(r7 - rl)(rS - rl)(rs - ro)
F (I’5) -F (r4)

(I’5 -1 )(I’5 - rs)(r5 - )(r5 - rl)(rﬁ - rl)(r7 - rl)(rB - r1)(rz3 - ro)
F (r4) -F (I’3)

(I’4 - r3)(r5 - I’3)(I’5 -1 )(I’5 - r1)("6 - r1)("7 - r1)(rz3 - rl)(rB - ro)

+ F (I’4) - F (I’3)

(r4 - r3)("4 - )(I’5 - )(I’5 - rl)(rﬁ - rl)(r7 - rl)(rs - rl)(rs - ro)
F (r3) -F (rz)

(I’3 - )(r4 - )(I’5 -1 )(I’5 - r1)("6 - r1)("7 - r1)("8 - rl)(rB - ro)
F (r4) - F (r3)

(I’4 - I’3)(r4 - r2)("4 - rl)(rS - rl)(rﬁ - rl)(r7 - rl)(rS - r1)(rz3 - ro)
F (I’3) - F (rz)

(I’3 - )(r4 - r2)("4 - rl)(rS - rl)(r6 - r1)("7 - rl)(rS - rl)(rS - ro)
F (I’3) -F (rz)

(I’3 -1 )(rs - rl)(r4 - rl)(rs - rl)(rﬁ - rl)(r7 - rl)(rB - rl)(rS - ro)
F (rz) -F (rl)

(rz - rl)(rs - r1)("4 - r1)("5 - rl)(rﬁ - rl)(r7 - rl)(rB - rl)(rS - ro)

(200 +

+

+

+

+

+

+
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F (I’7) -F (rG)
(r7 —Ts )(r7 - r5)("7 I )(r7 - r3)("7 - )(r7 - r1)("7 I )(rs - ro)

+ F (re) -F (I’5)
(re —Is )(I’7 —Is )(r7 -0 )(r7 - r3)(r7 -h )(r7 - rl)(r7 Ty )(rs - ro)
+ F (rG) - F (I’5)

(re —Is )(r6 -1 )(r7 -1 )(r7 - r3)("7 - )(r7 - rl)(r7 —To )(rs - ro)
F (I’5) -F (r4)
(rs -0 )(re I )(r7 I )(r7 - r3)(r7 -h )(r7 - rl)(r7 Ty )(rs - ro)
+ F (re) -F (I’5)
(re —Is )(ra -1 )(ra - r3)("7 - r3)("7 - )(I’7 - r1)("7 Tl )(rs - ro)
F (I’5) - F (I’4)
(rs I )(r6 I )(r6 - r3)("7 - r3)("7 - )(r7 - rl)(r7 —Tlo )(rs - ro)
F (I’5) -F (r4)

(rs I )(rs - I’3)(I’6 - I’3)(I’7 - I’3)(I’7 - )(I’7 - r1)("7 Iy )(rs - ro)

+ F (r4) -F (r3)
(r4 - r3)(l’5 - rs)(re - rs)(r7 - rs)(r7 - )(r7 - rl)(r7 Iy )(rs - ro)
+ F (rG) - F (I’5)

(re —Is )(r6 -1 )(re - rs)(re - )(r7 - )(r7 - rl)(r7 —To )(rs - ro)
F (I’5) -F (r4)
(rs 0 )(re I )(re - rs)(re - )(r7 -h )(r7 - rl)(r7 Ty )(rs - ro)
F (I’5) -F (r4)
(rs -0 )(rs - rs)(ra - rs)(ra - )(r7 —-h )(r7 - rl)(r7 Iy )(rs - ro)
+ F (r4) —-F (I’3)
(r4 - r3)(r5 - rs)(res - rs)(res - )(r7 - )(r7 - rl)(r7 —To )(rs - ro)
F (I’5) -F (r4)
(rs 0 )(rs - r3)(r5 - )(re - )(r7 -h )(r7 - rl)(r7 Iy )(rs - ro)

+ F (r4) -F (I’3)
(r4 - r3)(l’5 - r3)(l’5 - )(re - )(I’7 - )(I’7 - r1)("7 Tl )(rs - ro)
+ F (I’4) -F (rs)

(r4 - r3)("4 - )(rs - )(r6 - )(r7 - )(r7 - r1)("7 T )(rs - ro)
F (I’3) -F (rz)
(rs - )(I’4 -h )(r5 - )(re - )(r7 - )(I’7 - rl)(r7 Tl )(rs - ro)
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F (r6) -F (I’5)
(re - rs)(ra - r4)(r6 - rs)(ra - rz)(ra - r1)("7 - r1)("7 - ro)(rs - ro)
F (r5) —-F (I’4)
(I’5 -1 )(re -1 )(re - rs)(re - )(re - rl)(r7 - rl)(r7 —To )(rs - ro)
F (I’5) -F (r4)
(I’5 I )(I’5 - rs)(re - rs)(re - )(re - rl)(r7 - rl)(r7 Iy )(rs - ro)
+ F (r4) -F (I’3)
(I’4 - r3)(r5 - I’3)(I’6 - I’3)(I’6 -1 )(ra - r1)("7 - r1)("7 Iy )(rs - ro)
F (rs) -F (r4)
(I’5 -1 )(I’5 - rs)(rs -1 )(r6 -1 )(r6 - r1)("7 - r1)("7 —To )(rs - ro)
+ F (r4) -F (r3)
(I’4 - r3)(r5 - I’3)(I’5 -1 )(ra -1 )(ra - r1)("7 - r1)("7 Ty )(rs - ro)
+ F (r4) -F (I’3)
(I’4 - I’3)(r4 - )(I’5 -1 )(ra -1 )(ra - r1)("7 - r1)("7 Iy )(rs - ro)
F (rs) -F (rz)
(r3 - rz)(r4 - )(I’5 - rz)(re - rz)(re - rl)(r7 - rl)(r7 - ro)(rs - ro)
F (I’5) -F (r4)
(I’5 -1 )(I’5 - r3)(l’5 - )(I’5 - rl)(re - rl)(r7 - rl)(r7 Tl )(rs - ro)

) +

+ F (r4) -F (I’3)
(I’4 - r3)(r5 - r3)(r5 - rz)(rs - r1)("6 - r1)("7 - r1)("7 - ro)(rs - ro)
+ F (r4) -F (rs)

(r4 - r3)("4 - rz)(rs - )(I’5 - rl)(rﬁ - rl)(r7 - rl)(r7 —To )(rs - ro)
F (I’3) -F (rz)
(I’3 -1 )(r4 - rz)(rs - )(I’5 - r1)("6 - r1)("7 - r1)("7 Tl )(rs - ro)
+ F (r4) - F (I’3)
(I’4 - I’3)(r4 - r2)("4 - r1)("5 - r1)("6 - r1)("7 - rl)(r7 Tl )(rs - ro)
F (I’3) -F (rz)
(I’3 - rz)(r4 - r2)("4 - rl)(rS - rl)(rﬁ - r1)("7 - r1)("7 - ro)(rs - ro)
F (r3) -F (rz)
(I’3 -1 )(rs - rl)(r4 - rl)(rs - rl)(rG - rl)(r7 - r1)("7 Ty )(rs - ro)
+ F (rz) - F (rl)

(rz - rl)(rs - r1)("4 - rl)(rS - rl)(rﬁ - rl)(r7 - rl)(r7 Tl )(rs - ro)
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F (re) -F (I’5)

(rG —Is )(re 0 )(re - rs)(re —-h )(re - rl)(re Iy )(I’7 Tl )(rs - ro)
F (I’5) - F (I’4)

(I’5 -1 )(re -1 )(re - rs)(re - )(re - rl)(rﬁ —To )(r7 Iy )(rs - ro)
F (I’5) -F (r4)

(I’5 -1 )(I’5 - rs)(re - rs)(re - )(ra - r1)("6 Tl )(r7 Iy )(rs - ro)
F (r4) -F (I’3)

(I’4 - r3)(r5 - rs)(ra - rs)(ra - rz)(re - rl)(re - I’O)(I’7 - ro)(rs - ro)
F (I’5) - F (I’4)

(I’5 -1 )(I’5 - r3)(r5 - )(re - )(re - rl)(rﬁ —To )(r7 —Tlo )(rs - ro)
F (r4) - F (r3)

(I’4 - r3)(r5 - r3)(r5 -1 )(ra -h )(re - rl)(rﬁ Iy )(I’7 Tl )(rs - ro)
F (r4) -F (I’3)

(I’4 - I’3)(r4 - rz)(rs -1 )(ra - )(ra - r1)("6 T )(r7 Tl )(rs - ro)
F (I’3) -F (rz)

(I’3 - )(r4 - rz)(rs - )(re - )(re - rl)(rﬁ —To )(r7 —To )(rs - ro)
F (I’5) -F (r4)

(I’5 -1 )(I’5 - rs)(r5 - )(r5 - rl)(rﬁ - rl)(rﬁ Iy )(I’7 Iy )(rs - ro)
F (r4) -F (I’3)

(I’4 - r3)(r5 - I’3)(I’5 -1 )(I’5 - r1)("6 - r1)("6 I )(r7 I )(rs - ro)

+ F (I’4) -F (rs)

(r4 - r3)("4 - rz)(rs -0 )(I’5 - rl)(rﬁ - rl)(rﬁ —To )(r7 —lo )(rs - ro)
F (I’3) -F (rz)

(I’3 -1 )(r4 - rz)(rs - )(I’5 - r1)("6 - r1)("6 Tl )(r7 Ty )(rs - ro)
F (r4) - F (r3)

(I’4 - I’3)(r4 - r2)("4 - rl)(rS - rl)(rﬁ - rl)(rﬁ Tl )(I’7 Ty )(rs - ro)
F (I’3) -F (rz)

(I’3 - )(r4 - r2)("4 - rl)(rS - rl)(r6 - rl)(r6 —To )(r7 —To )(rs - ro)
F (I’3) -F (rz)

(I’3 —-h )(rs - rl)(r4 - rl)(rs - rl)(rﬁ - rl)(rﬁ Iy )(I’7 Iy )(rs - ro)
F (rz) -F (rl)

(rz - rl)(rs - r1)("4 - rl)(rS - rl)(rﬁ - rl)(rﬁ Iy )(I’7 Iy )(rs - ro)

(22 +

+

+

+

+

+

+

Lutz Jaitner, May-September, 2016 -18-



F (I’5) -F (r4)

) (I’5 -1 )(I’5 - rs)(r5 - )(r5 - rl)(rS I )(ra Tl )(r7 Iy )(rs - ro)
+ F (r4) -F (rs)

(r4 - r3)("5 - r3)("5 - )(I’5 - rl)(rS —To )(r6 T )(r7 —To )(rs - ro)
+ F (r4) -F (I’3)

(I’4 - I’3)(r4 - )(I’5 -1 )(I’5 - r1)("5 Ty )(re Tl )(r7 T )(rs - ro)
F (I’3) -F (rz)
(I’3 - )(r4 - )(I’5 -1 )(I’5 - r1)("5 Ty )(re Tl )(r7 Ty )(rs - ro)
+ F (I’4) —F (I’3)
(r4 - r3)("4 -0 )(r4 - rl)(rS - rl)(rS — T )(r6 —To )(r7 — T )(rs - ro)
F (r3) -F (rz)
(I’3 —-h )(r4 - )(r4 - r1)("5 - r1)("5 Tl )(re Iy )(I’7 Tl )(rs - ro)
F (r3) —-F (rz)
(I’3 -1 )(rs - rl)(r4 - rl)(rs - rl)(rs Ty )(ra Tl )(r7 Ty )(rs - ro)

+ F (rz) -F (rl)
(I’2 - rl)(rS - rl)(r4 - rl)(rS - rl)(rS —To )(re —TIo )(r7 —To )(rs - ro)
+ F (r4) - F (r3)

(I’4 - I’3)(r4 - r2)("4 - r1)("4 Iy )(I’5 Tl )(re Ty )(I’7 Tl )(rs - ro)
F (r3) -F (rz)
(I’3 -1 )(r4 - r2)("4 - r1)("4 Iy )(I’5 Tl )(re Iy )(I’7 Tl )(rs - ro)
F (I’3) - F (rz)
(I’3 - )(r3 - r1)("4 - rl)(r4 — T )(rs —To )(re — T )(r7 —T )(rs - ro)
+ F (rz) -F (rl)
(rz - rl)(rs - r1)("4 - rl)(r4 Ty )(r5 Tl )(ra Ty )(r7 Tl )(rs - ro)
F (I’3) -F (rz)
(I’3 —-h )(rs - rl)(rs Ty )(I’4 Iy )(I’5 Tl )(re Iy )(I’7 Tl )(rs - ro)

+ F (rz) -F (rl)
(I’2 - rl)(rS - rl)(r3 —TIo )(r4 —TIo )(I’5 —To )(r6 —TIo )(r7 —To )(rs - ro)
+ F (rz) - F (rl)

(rz - rl)(rz Ty )(rs Tl )(r4 Ty )(r5 Tl )(ra Ty )(r7 Tl )(rs - ro)
F (rl) -F (ro)
(r1 Iy )(rz Iy )(I’3 Iy )(I’4 Iy )(I’5 Tl )(re Iy )(I’7 o )(rs - ro)
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